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The category ∆ has objects [n] for n ≥ 0 and its morphisms are generated by

(1) idn : [n]→ [n],

and

(2)
∂nj : [n − 1]→ [n],
σn
j : [n + 1]→ [n]

for j = 0, . . . ,n, subject to the relations

(3) ∂n+1j ◦ ∂ni = ∂
n+1
i ◦ ∂nj−1 : [n − 1]→ [n + 1]

for 0 ≤ i < j ≤ n + 1,

(4) σn
j ◦ σ

n+1
i = σn

i ◦ σ
n+1
j+1 : [n + 2]→ [n]

for 0 ≤ i ≤ j ≤ n, and

(5) σn−1
j ◦ ∂ni =




∂n−1i ◦ σn−2
j−1 i < j

idn−1 i = j, j + 1
∂n−1i−1 ◦ σ

n−2
j j + 1 < i

for 0 ≤ i, j ≤ n.


